Let g ~ b ~ ~ be a complex semisimple Lie algebra, a Borel, and a Cartan. Let o be the category of all finitely generated g-modules that are locally finite over b and semisimple over ~, see [BGG76]. This category is of interest, as it is a close relative of the category of Harish-Chandra modules for the corresponding simply connected complex algebraic group G, considered as a real Lie group, see [BG80].
Selfduality of Category 0
Let g ~ b ~ ~ be a complex semisimple Lie algebra, a Borel, and a Cartan. Let o be the category of all finitely generated g-modules that are locally finite over b and semisimple over ~, see [BGG76] . This category is of interest, as it is a close relative of the category of Harish-Chandra modules for the corresponding simply connected complex algebraic group G, considered as a real Lie group, see [BG80] .
It is known [BGG76] that every object of 0 has finite length and that there are enough projective and injective objects. Let U = U(g) be the universal enveloping algebra of g.
its unique simple quotient L(),), and an injective hull I(),) of L(),) in 0; i.e., an injective object with unique simple submodule L()'). This I()') is unique only up to nonunique isomorphism. Every simple object of 0 is isomorphic to some L()') for unique), E ~*.
Let Z cUbe the center and Z+ = AnnzCC the annihilator of the trivial one-dimensional representation of g. Let L be the direct sum of all simples L()') with Z+ L(),) = O. There are but finitely many of those, parametrized by the Weyl group. Let I be the direct sum of their respective injective hulls. We are now ready to state the "selfduality theorem for category 0". (L,L) . Furthermore, the graded ring on the right is Koszul.
REMARKS.
1. Here Ext-stands for the direct sum of all Ext i , made into a ring via the cup-product. 2. The object I is only unique up to nonunique isomorphism, so we cannot expect the isomorphism of the theorem to be canonical. See however [BGS91, 3.8] for more canonicity.
3. Let (W, S) be the Weyl group and its simple reflections corresponding to beg. Let p E ~* be the halfsum of the roots of b. For x E W, ), E ~*, 
Representation of Heeke algebras via Bimodules
To establish the isomorphism of Theorem 1, we will describe both sides combinatorially. This section explains the combinatorics involved, which might be of independent interest. 
